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Accordions

Fix a dissection D of a convex polygon.

Definition

An accordion is a diagonal of the polygon that is “compatible”
with the dissection D.

A maximal D-dissection is a maximal collection of pairwise
non-crossing accordions.
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Flip

Theorem (Garver–McConville; Manneville–Pilaud)

Let D be a dissection.

1 Any maximal D-dissection T contains CardD relevant
accordions.

2 If a ∈ T is a relevant accortion, there exists a unique accordion
b ̸= a such that (T \ {a}) ∪ {b} is a maximal D-dissection.
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Flip

Theorem (P–Pilaud–Plamondon)

The whole story generalises to oriented surfaces with boundaries,
marked points (and punctures).
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A category of accordions

Fix a (surface) dissection D. We construct a Hom-finite,
Krull–Schmidt additive category A whose indecomposable objects
are the accordions.

Proposition (Gorsky–Nakaoka–P.)

A is an exact category

and enjoys the following properties:

1 gldimA ≤ 1: For any A ∈ A, there is P1 ↣ P0 ↠ A with
P0,P1 projective.

2 domdimA ≥ 1: For any P projective, there is P ↣ Q ↠ I
with Q projective-injective and I injective.

3 Maximal D-dissections coincide with the basic silting objects
of A.
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Flips are mutations

(a) Krull–Schmidt, Hom-finite, proj C = addP.

(b) gldim C ≤ 1 ≤ domdim C (C is “0-Auslander”).

Theorem (Gorsky–Nakaoka–P)

Let C be an extriangulated category satisfying (a), (b). Then:

1 The silting objects in C all have the same number of
indecomposable summands.

2 If R1 ⊕ · · · ⊕ Rn is basic silting, and Rj is not proj-inj, then
there is, up to iso, a unique R∗

j such that
R1 ⊕ · · · ⊕ R∗

j ⊕ · · · ⊕ Rn is silting.

3 There is a conflation Rj ↣ E ↠ R∗
j xor R∗

j ↣ E ′ ↠ Rj with
E ,E ′ ∈ add(

⊕
i ̸=j Ri ).
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Example

THANK YOU!
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